1. Introduction Let < c' ,d' >c (c,d ), < c,d > c (a,b) and let ç>(x) > 0 be a weight function which is Lebesgue integrable over <a,b> and satisfies the condition (1) 0<m^ç(x)«sM (m,M-constants), in the interval <c,d>. Denote by L^ <a,b> [respectively L*^ <a,b> = C < a,b>J , the class of all measurable functions f such that b J ç(x) | f(x)| p dx < oo d^pcoo), a [continuous in ca,b>j ; and let f belong to the class Lip <x (0 <• a <. 1 ), in the interval < c ,d> .
Further, let ke a system of orthonormal functions with weight ç(x), where P n ( x ) i-8 a polynomial of degree n exactly, with the coefficient ot n > 0 at the term with n-th power. Let
be the expansion of f with respect to jp n ( x )j* As usually, we denote by S n (fjx) = S n (x) the n-th partial sums of this expansion and we set further
where 0 <-r < 1. We will introduce the best approximation of f e C <a,b> by algebraic polynomials P n (x) of order n at most, by the formulae
and analogously for f e <a,b> , 1 ^ p < <x> ,
The purpose of the present paper is to prove the following theorems Theorem 1.
Let r e (0,1), p » 2, 0 < a <1/p o and f e L^ <a,b> with ç (x) satisfying the condition (1) in <c,d>. Moreover, let P n ( x ) = 0 (1) uniformly in < c, d > and le t
where 1 < p'< 2, 1/p + 1/p' = 1. Then
for r Q -c r c 1, uniformly over each interval < c' ,d'>c(c,d). Theorem 2. Let r o be fixed, 0 <r 0 < 1. If ç(x) satisfies the condition (1), P n (x) = 0 (1) uniformly in <c,d> and for every function fe L^<a,b>(Kp< <*>),
then there exists a constant C^(|p), such that
satisfies the condition (1), f e C<a,b> , n = [l/(l-r)]-1, then
where q > 0 and r 6 <r 0 ,1) (for trigonometric polynomials see Pn (t) * K n (t,x) = n+1 t -x and oc n denotes .the principal coefficient in the polynomial p n (x). ( 
